The main purpose of this paper is to determine the fine spectrum of the upper triangular double-band matrices   , U r s over the class of convergent series and we also determined the the approximate point spectrum, defect spectrum and compression spectrum.
Introduction
In the existing literature of spectrum, there are many studies concerning with some particular limitation matrices over some sequence spaces. We give a short summary about the existing literature. For example;
  
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 exists and is continuous, In what follows, we call the set
the approximate point spectrum of T . Moreover, the subspectrum
is called defect spectrum of T . The two subspectra given by (2.1) and (2.2) form a (not necessarily disjoint) subdivision
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of the spectrum. There is another subspectrum
which is often called compression spectrum in the literature. The compression spectrum gives rise to another (not necessarily disjoint) decomposition
of the spectrum. Clearly,
Moreover, comparing these subspectra with
we note that
Propositions. (see [6, 
The relations (c)-(f) show that the approximate point spectrum is in a certain sense dual to defect spectrum, and the point spectrum dual to the compression spectrum.
The equality (g) implies, in particular, that    
,, ap T X T X   if X is a Hilbert space and T is normal. Roughly speaking, this shows that normal (in particular, self-adjoint) operators on Hilbert spaces are most similar to matrices in finite-dimensional spaces (see [6] ). Thus, we have the result from (3.1) and (3.2). and we obtain from (3. Since the spectrum of any bounded linear operator is closed, we have the result from (3.7).
